A domain in the complex plane which is star-like with respect to a boundary point can be approximated by domains which are star-like with respect to interior points. This approximation process can be viewed dynamically as an evolution of the null points of the underlying holomorphic functions from the interior of the open unit disk towards a boundary point. We trace these dynamics analytically in terms of the AlexanderNevanlinna and Robertson inequalities by using the framework of complex dynamical systems and hyperbolic monotonicity.
The following two inequalities are well-known in geometric function theory:
Re f(z) >0, zeA,
zf '(z) l+z}>0, zEA The first inequality is due to Nevanlinna [6] and Alexander [1] . It characterizes those univalent holomorphic functions which are star-like with respect to f(0)=0. The second one was suggested by Robertson [9] as a characterization of those univalent holomorphic f." A C with f(0)= such that f(A) is star-like with respect to the boundary point f(1):= limr_l-f(r)=0 and lies in the right halfplane. This characterization was partially proved by Robertson himself while his full conjecture was established by Lyzzaik [5] . A generalization of these results was later given by Silverman and Silvia [10] .
A domain which is star-like with respect to a boundary point can be approximated by domains which are star-like with respect to interior points. This approximation process can be viewed dynamically as an evolution ofthe null points of the underlying functions from the interior towards a boundary point. So a natural question is how to trace these dynamics analytically in terms of the inequalities (1) and (2) . In the present paper we answer this question in the framework of complex dynamical systems and hyperbolic monotonicity. We begin by recalling two classical definitions.
DEFINITION
A set f C C is called star-shaped if given any a; E f, the point t belongs to f for every E 
It is easy to see that this inequality is equivalent to the following condition: 
Since f is univalent it follows that g has at most one null point in A. Suppose first that f is star-like with respect to an interior point, i.e., there is r A such that f(r)= 0. Then we get by Theorem 6 that g is a p-monotone function with g(r)-0 and g(r)= (1)).
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Let now f satisfy Eq. (3) with some r 0A. Then it is sufficient to prove that the function g defined by (5), f(z) (z 7")(1 z)p(z) g(z) f'(z) is p-monotone. To this end, we take a sequence {rn} C A such that rn "
as n---, x. Since the functions gn defined by gn(z) := (z-rn)(1 Zn)p(z) are p-monotone and the sequence {gn} C 7(A) converges to g as n o, we conclude that g also belongs to (A).
The proof of Theorem 3 is complete.
Finally, we will concentrate on star-like functions with respect to a boundary point and show that conditions derived from the above assertions are equivalent to a generalized form of Robertson's inequality (2) . In addition, we will relate these conditions to some geometric considerations in the spirit of Silverman and Silvia [10] .
Recall that a holomorphic function s: A C is said to be star-like of Proof We first establish the equivalence of (a) and (b). 
